[TANEAAHNIEZ EEETAXEIX I'" TAEHZ HMEPIZIOY T'ENIKOY AYKEIO
TETAPTH 23 MAIOY 2012
MA®HMATIKA KAI XTOIXEIA XTATIXTIKHX

©EMA A
A1. Av o1 cuvapTAoelg f, g eival TTapaywyiolpgeg 0To R, va atTodeieTe OTI
) +9(X) =)+ g’ (x),xe R
Movadeg 7
A2. ¢ éva mreipapa pe 100TTiBava atroteAéopaTa va OWOETE TOV KAQOIKO OpIoUO TNG
mOAVOTNTAG EVOG EVOEXOUEVOU A
Movadeg 4
A3. Tlwg opiCetal 0 oOuvTeAEOTAG METOBOANG A OUVTEAEOTAG METARANTOTATAG MIAG
HETABANTAS X, av X >0 Kal TTWGE, av X <O;
Movadeg 4
A4. Na XapaKTnpIio€eTe TIG TIPOTACEIG TTOU AKOAOUBOUV, ypapovTag oTo TETPAdIO oag, diTTAa
OTO YPAPUa TTOU QVTIOTOIXEI o€ KABe TTpdTaCcN, TN AéEN ZwoTd, av n TTpoTacn cival
owoTA, ) AdBog, av n TTpdTacn civalr AavBaouévn.
a) To KUKAIKO SiIdypaupa XpNOIKOTToIEITal JOVO YIa Tn YPA@IKA TTapAoTaCon TTOCOTIKWYV
OedOUEVWV(UOVADES 2).
B) H TTapdywyog TnG f 010 X eKPPAel TO pUBPO PeTABOANG Tou Y = f (X) WG TTPOG X ,
OTav X = Xo (MOVAdES 2).
Y) Av A B evdexoueva evog delyuaTtikou xwpou Q pe AcS B, 16T1e 1o)Uel 611 P(A)>P(B)
(Movadeg 2).
8) To €upog, n dlakuuavon Kal n TUTTIKA OTTOKAION TWV TIWV MIOG PETARANTAG €ivail
METPa BIOOTTOPAG (HOVADES 2).
£) )l(l_)r)T(: NMX=NMX,, Xo € R (HOVADEC 2).

Movadeg 10

OEMA B

O1 xpovor (oe AemTd) TTOU XpPeIdOTNKAV Ol POBNTEC MIaG TAENG yia va AUoouv €va
MaBnuaTIKO TTPORANKA avikouv oTo didoTnua [5,45) kal €xouv ouadotroinbei oe TEOOEPIG
KAGOeIg ioou TTAATOUG. Ta dedopéva Twy XPOVWY eu@avifovtal OTO TTAPAKATW I0TOYPAUKa

QOPOICTIKWY OXETIKWV CUXVOTATWY ETTI TOIC EKATO.
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B1. Me Bdaon 1o Tapatmdvw I0TOYPAUHO ABPOICTIKWY OXETIKWY CUXVOTATWYV ETTi TOIG EKATO,
va uTToAoyioeTe TN SIAPECO TWV XPOVWV TTOU XPEIAOTNKAV Ol JaOnTEG.
Movadeg 4
B2. 2710V €TTOUEVO TTIVOKA OUXVOTATWYV TNG KATAVOUNAGS TWV XPOVWYV, Va atTodei¢eTe OTI a=8

(Movadeg 3) Kal va UETAPEPETE TOV TTIVAKA KATAAANAG CUUTTANPpWUEVO OTO TETPAdIO 0ag

(novadeg 5).
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Movadeg 8

B3. Na BpeBei n péon TIA X Kal N TUTTIKA OTTOKAICT S TwV XPOVWYV TTOU XPEIGOTNKAV Ol
MalnTéc.
(AiveTan 611 /84 =9,17)
Movadeg 8
B.4 Na Bpebei To TTOCOOTO Twv PAONTWYV TTOU XPEIAoTNKAV TOUuAdxioTov 37 AeTrTd va
AUoouV TO pHaBnuaTikd TTPORANUA.

Movadeg 5
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OEMA

ATTO Toug HaBNTEG pIag TAENG evog oXOAgiou TTIAEyoUUE TuXAia Evav pabnTr. Av v QUOIKOG

APIBPOG hE v23 , TOTE N TTIBAVOTNTA TOU EVOEXOMEVOU O HABNTAG va HaBaivel

e [ aAAKA sival

vZ+1
Vs r +
e lomavika eival —
v-+1
. . , ] v+1
e KAl TIG UO TTAPATTAVW YAWOOEG gival vl
%

e ia TOUAGXIOTOV OTTO TIG TTAPATTAVW YAWOOEG €ival ion PE TO OpIo )I(l_)r‘_nl @
M.Na amodeitete 611 TO €vdeXOPEVO O PaBNTAG va pabaivel pia TOUAAGXIOTOV aTTO TIG
TTapatmdvw dUo yYAwooeg gival BERaio.
Movadeg 7
2. Na amodeitete 6TIv =3
Movadeg 6
3. Na Bpeite TNV mMOavoTNTa TOU £VOEXOMEVOU O PaBNTAG va Pabaivel yovo pia armd TIg
OUO0 YAWOOEG.
Movadeg 6
4. Av o apIBPoG Twy padnTwy TTou pabaivouv Kail TIS dUO TTapaTTdvw YAWOOES gival 32,

va Bpeite Tov apIBPo Twv padnTtwy g TééNG.

Movadeg 6
OEMA A
+ 2
Aivetal n ouvdptnon f(x):1 I: X, x>0
A1. Na atrodeitete o711 n f gival yvnoiwg @Bivouoa.
Movadeg 5

A2. 'Eotw M(X,f(X)), x>0 onueio NG ypa@ikAg TTapdoTtaong Tng f. H mapdAAnAn eubcia atmd
10 M 1TTpO¢ TOV G&ova Yy'y TéPvel Tov nuiId¢ova Ox oto anueio K(x,0) kai n mmap&dAAnAn
euBeia atrd 10 M 1Tpog Tov d&ova XX Téuvel Tov nuiagova Oy oto onueio A(O,f (x)). Av O
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givar n apxn Twv agdévwyv, va arodeicete OTI TO €uPaddv Tou opBoywviou
TTapaAAnAdypapupou OKMA yivetal EAAXIOTO, OTAv AuTO YiVEl TETPAYWVO.
Movadeg 7
A3. 'Eotw n eubtia €: y=Ax+B, P#10, n otroia cival TTAOPAAANAN TTPOG TNV EQATITOUEVN TNG
Ypa@ikig tapactacng tTng f oto onueio £(1,f (1)). Oewpoupe déka onueia (X ,Yi),
i=1,2,...,10 NG €uUBEiag €, TETOIO WOTE Ol TETUNUEVEG TOUG X; VO €XOUV péon Tipf X =10
KAl TUTTIKA aTTOKAION Sx=2. Na BpPEiTe yIa TTOIEG TIUEG TOU B TO DEIYHA TWV TETAYHEVWV Y
TWV OEKA ONUEIWV €ival OUOIOYEVEG.
Movadeg 8
A4. Av A kai B gival evdexoueva evog dEIYUATIKOU Xwpou JE 1IooTTiBava atrAd evoexdueva,
TéTOI0 WOTE A # & Kl ANB # J, 16TE va aTTOdEICETE OTI
f (P(A)+ f (P(ANB)) = 2f (P(AUB))
Movadeg 5



