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OEMA A

A1. Na amodeit¢ete 611 N TTAPAYWYOS TNG TAUTOTIKNG ouvapTnong f (X)=x eival f'(x)=1, yia
KédBe x e R

Movadeg 7
A2. ‘Eotw pia ouvdptnon f pe medio opiopou A . IMdé1e Aéue 611 n ouvdaptnon f TTapouciadel
TOTTIKO EAAXIOTO OTO X, € A

Movadeg 4
A3. Na dwoete Tov oploud TnG diapéoou () evog deiyUOTOS V TTAPATNPACEWV.

Movadeg 4
A4. Na xapakTnpioeTe TIG TTPOTACEIG TTOU aKOAoOUBoUV, ypdgovTag oTo TETPAdIO 0ag, dITTAa
OTO YPAUMA TTOU aVTIOTOIXEI 0 KABE TTPOTACN, TN AéEN ZWOoTo, av n TpdTaon Eival CWoTh,
n Aa@og, av n TpoTacn gival AavBaouévn.
a) MNa 1 ouvapTtnon f (x)=§ , X #0 1ox0€e1 611 f'(X ) = x_12 Movadeg 2
B) MNa 1o yivépevo duo TTapaywyiciywy cuvapTtioewy f, g 1Iox0er OTI

(f(x) 9(x))*=F'(x) g(x)+f(x) g'(x)

Movadeg 2
Y) To pafdéypapua XpnoIKMOTTOIEITAl VIO TN YPAQIKH) TTAPACTACN TWV TIMWVY KIAG TTOOOTIKNAG
METABANTAG. Movadeg 2
0) H didpeoocg cival Eva péETpo BEong, TO OTToI0 £TTNPEEACETAI ATTO TIG OKPAIES TTAPATNPAOEIG.
Movadeg 2
€) MNa duo evdexdpeva A kai B evog deiyuatikou xwpou Q pe A < B, 1oxuel 611 P(A) > P(B)
Movadeg 2
Movadeg 10
OEMA B

AiveTtal 0 delypaTIKOG XWpog Q = {wy , W2 , W3, Wy } KaI TA EVOEXOPEVA
A={w;, W} kaB={wi, ws}

MNa TIG TIBAVOTNTEG TWV ATTAWY eVOEXOMEVWYV {w1} Kail { w3} Tou Q 1oXUEl OTI:

1. X +x+1-1
e Plo)=——ljm XX *+Xx+1-1
! 21 X+ x?

* H P(w3) €ivail ion pe 1o puBud petaBoAng tng f (X) wg mpog x , étav x=1, é1mou

f(x):g Inx, x>0

B1. Na amodei€ere 611 P(wy) = % Kal P(ws) = %
Movadeg 10

B2. Na atrodeigete OTI % <P(A") < =, 6mmou A’ TO GUUTTANPWHATIKG TOou A.

Alw

Movabdeg 7
B3. Av P(A") = % , TOTE va Bpeite TIc MBavoTnTeS P(W2 ), P(Ww4) , P[(A-B) U (B-A)] kai

P(A'-B") , 6trou B’ 10 GuptTAnpwpaTiké Tou B .
Movadeg 8
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OEMA I

Oewpoupe éva Ociyua v TTOPATNPEACEWY MPIAG CUVEXOUG TTOOOTIKAG METOBANTAG X , TIG
OTTOiEG OMABOTTOIOUNE O€ 4 1I00TTAATEIG KAAOEIG.
Aivetal OTI:
* N MIKPOTEPN TTapaTipnon ival 50
* N KEVTPIKN TIMA TNG TETAPTNG KAGONG gival X4 = 85
* N OXETIKA ouXvOTNTA TNG TETAPTNG KAAONG €ival dITTAGCIA TNG OXETIKNG CUXVOTNTAG TNG
TPITNG KAdOoNG
* N SIAPECOG TWV TTAPATNPENCEWY TOU BEIYUOTOG gival & = 75 Kal
* N pé€on TIUA TWV TTOPATNPEACEWY TOU JEiyPATOG ival X = 74
M. Na atrodeigete 6011 TO TTAGTOG €ival ¢ = 10
Movadeg 4
2. Na peTa@EpeTe 0TO TETPADIO COG TOV TTAPAKATW TTIVOKA CUNTTANPWHPEVO OWOTA

KevTpIKEG 2XETIKN
KAdoeig TiuEC 2uxXvoTnTa
Xi fi

[, )
[, )
[.-)
[.-)
2UvoAo

Movadeg 8

r3. Aivetar 611 f,=0,1,f,=0,3, f3=0,2 ka1 f,= 0.
200

Na aTrodeigeTe 0TI N PEoN TIUN TWV TTAPATNPEACEWYV, TTOU gival HIKpOTEPES Tou 80, cival =

Movadeg 7
4. ETAéyoupe K TTAPOTNPAOEIC TOU APXIKOU BEIYHMATOG PE K < V, Ol OTT0iEG akoAouBouv
KQVOVIKI] KATAVOUN HE
* 70 2,5% TWV TTAPATNPACEWY AUTWYV Va gival TOUAdXIOTOV 74
* 70 16% TWV TTAPATNPACEWV AUTWYV Va gival TO TTOAU 68
Na Bpeite TN H€ON TIMA KAl TRV TUTTIK OTTOKAION TWV TTAPATNPACEWY QUTWY KABwWG Kail va
€CETAOETE AV TO OEiYPA TWV TTAPATAPNOEWV AUTWY Eival OUOIOYEVEG.

Movadeg 6
OEMA A

Ocwpoupe Tn ouvaptnon f(X)=xInx+k, x>0, OTTOU K AKEPAIOG ME K > 1 Kal TNV €QATITOPEVN
(€) TS ypa@ikAg TTapacTacng Tng f ato onueio (1,f(1)) , n otroia oxnuaTifel e TOUG AEOVEC,
Tpiywvo eupadou E , pe E <2

A1. Na atrodeitete 0TI K = 2

Movadeg 5
A2. Eotw X1, X2, ...... Xso Ol TETUNUEVES 50 onueiwv TNG (€) TWV OTTOIWV Ol AVTIOTOIXEG
TETAYUEVEC TOUG €xouv péan Tiug y =31
a) Na atrodeitete 611 x =30 (LOVADEC 2)

B) lNa TIg TETUNUEVES TWV TTAPATTAVW ONUEiwY Bewpoupe OTI :
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Kd&Be pia atrd TIG TETUNUEVEG X1, X2, ..... X20 QUEAVETAI KATA 3, O ETTOPEVEG 15 TETUNUEVEG
TTapapévouv oTaBEPEG Kal KABE Jia atrd TIG UTTOAOITTEG eEAATTWVETAI KOTA AeR pe A > 0.
Na Bpeite TO A, WOTE N VEQ PJECN TIMA TWV TETUNUEVWY Va gival ion pe 31 (Movadeg 4)

Movadeg 6

A3. Av %<G<B<y<e pe a® - BP . yY = e, 161€ va Bpeite To €UPOC R Kal TN PEON TIUA Twv

Tipwv f(a), f(B), f(y), f(e), f (é) , 61Tou f(X) = xInx 2

Movadeg 7

A4, Ocwpoupe Tov dEIYUATIKO XWPO
. 1 |
Q=:t,n=123..30: 0<t, <t, <...<t, <g<t1.‘ <...<ty =1J-

ME 1o00TTiIBava aTTAd evoexdpeva, KOBWGS Kal Ta evOEXOUEVA
A={t € Q: n epaTTopévn TNG YPAPIKNG TTapdoTaong Tng f oto onueio (t,f(t)), va oxnuarticel
ME ToV Ggova X'x ogia ywvia },
B ={t € Q: f(t)>f'(t)+1},
otrou f(t) =t Int+2
Na BpeBouv o1 TTIBavoTnTEG:
Q) va TTpayhaToTToInOei To evOEXOUEVO A (MoVAdEeS 3)
B) va mTpayuatoTroinBouv ouyxpoévwg Ta evoexopeva A kai B (povadeg 4)
Movadeg 7



